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160
Problems

[l1] Let £f£(s) be a Dirichlet series absolutely convergent in

some half-plane o > o, 2 0 and satisfy the functional equation

f(s) = f£(-s)

(f(s) is defined in some manner in the strip 0 <o < oa). Can

one prove that f(s) equals identically a constant under some
suitable conditions?
o]

[2] Let &(z) = z anexp(Zﬂinz) be a cusp form of weight k,
=1

and let Lé(s,x) be the Dirichlet-Hecke series associated with

® . Does there exists a Dirichlet charactef x for which

L®(—%—,X) does not vanish? There are many known results about

the value L®(§ + it,x) when ltf is .large (see, e.g. A. Good,

J. Number Theory 13 (1980), 18-65.

[3] We may stress again the question of determining g(4) in
ééjj; problem. It should be noted that R. Balasubramanian has

recently proved (Hardy-Ramanujan J. 2 (1979), 1-34) that

where the first inequality has been known.

¥ and for b >0, p > 0 put

[4] Let or(n) = % d
dln

PP (x,r,b): = e I (x° - nP)P0__m) - s?((m0)®,x,b),

F(p + 1) 24

where the prime on the suumation sign means that if p= 0 and
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n = x, then the term G_r(n) is to be halved, and

T(s)ﬂ—bsc(bs)z(bs + r) Xs+r

0 .
s¥(x,r,b) = ) Res .
1By T(s + p + 1
£ s=t ( o )
Also for a € R, k ¢ N define
- anp (X . (X
Ga’k(X). = Z n Bk(n [n])l

n < v/x
where Bk(x) is the k-th Bernoulli polynomial. 1Is there any
explicit relation between Pp(x,r,b) and Ga'k(x)? (There is
7

- an asymptotic relation between Pl(x,r,r) and Gl—r 2(x) if
14

—%ir<3,r#0, 1.)
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