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Local theta lift for U(2) x U(3)
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D) —F+Tik, plEL=FY T2 7AR7 U(2) x UB) DREFT—FY 7
t DEERIZBI T B HER (3] ZMBNT B, HLABRB2DICESTEHEAT 3,
FEZEBODIETNXATRARBIMLE L, ZOZXKIEKE E LT3, ¥
AR TR E/F OFa7HOERTLEZ 0 LEL, E5I Trg/p,Ng/r %
E/FDFV—R, Vb ET S, 2L T wgyp % E/F T3 F* Ol
BT 5, £/ BX/F* OB n I LT, UQQ) :=KerNg/r O 7, %

n(z/o(2)) :=n(z), z€ E*

IZEDED 3,
RICL=FIVBHEZERLE ), T VW 2EZNWTNE LOI NS — 422
FIEBINS—PEMETE, SSTRRDIIICV,W ZRBZEET S,

V = (E®™ R), W = (E®,S),
(’111,1)2) = *’UlR’Uz, (’wl,’LU2) = wlS*w2.

KEL V BFIRZ P ADRSHRY, W BIRZ PAD5%%, %% R X
GL,(E) DILTHD, R=*R :='R° ZHilTdbDL T3, MR S X
GL,(E) DTETHY, S=—*S 2WrTbDET2, ZOLE VEWD
2= FVHEBPRD L) ICERBIND,

U(V) := {h € GLn(E)|*hRh = R},

U(W) := {g € GL,(E) | gS"g = S}.



153

dy % F*\Ng/p(EX) DT, &€ & Trg/r(§) =0 2Wi/T EX OLE LT
ZNFNEET 2, ZDLE, RDE L2 RTDOINE— 2BV, Van
E3IRTLDEINI—PERW 2=y YE2ZD /) —FTRES,

Vo=, 1))
mn=uﬁ%(”% 1)%

1
W= (E$3) ( é ) )
-1

SG2ODT 2T IVRT U(Vy) x UW), U(Ven) x UW) B3EZ 505, T
DT 2T NVRT D Wil REZED B7-0IC. EX DR p,n %

Plex = wgp, Npx =1

b kot s, oI F OF BBEIEE  2—OH5, 2D & E| Kudla[4]
25 U(Vap) x UW) D Weil BB wyy wn & U(Van) x U(W) O Weil 5
wd,,v‘#“wn Z’Ji‘%ﬂ%“ﬂii 50 ﬁE')VC\ U(‘/sp) XU(W) 0)'7“—5’ ]) 7 ]\ B‘l}’,Vé‘,,W”
EUVa)XUW) DT —=F Y7 b Opyp we BRONB, 2D BRRFTT—
#1) 7 b+ IXJ4& Gelbart-Rogawski-Soudry[2] IZ & > THR 67z, 51X [2]
DT, UW) DBREFERED U(Vy), U(Ve) ~DRHT—F Y7 LD
REE\ DS UW) DIERIEFARBLD endoscopic description 252 5 & 29 &
BER L, $6I123 UV, x UW) OBB7—%Y 7 2tz 527,
Lo L 2O U(Vin) X UW) ORFFF—2 Y 7 F oz 52 5 his
Pol, ZOBHD—DOLLT, ZN6Z2ERT 240X U(V,,) DEEY
FFAEFBID endoscopic description PRETH 2035, ZDOHTRZNBEZ S
NCRP2P»5THDE, 2 THENEID U(V,,) x UW) DRFTT —
U7+ ORBEEZS, ¥ZOAL L THEAEFELEDT 27 VT
U()xU(1) DRFIT—2 Y 7 o b 525, 22 TLH—HIC, almost
equal rank case DL =% Y F 2 T A7 DFHT—4F Y 7 k& Gan-Ichino[1]
IZ & D Vogan L-packet Z H\WTCERINTVE, 2D/ —FTHMNT 5
RIZU(Vpn) x UW) DBEDRFEAZEZ 5 LI 5,

2 BIREFARE DR

T ITTiE, UV, & UW) OBRIEFERBROERIC DWW THEY 5, XK
LERBRZRNR S DICHBELBRNFARBEOERTE T 2ITHIZ L LT 5,



9, G=U(Vy), UW) LEL, ZL T It G TG DERNFAEROARE
BOEAZRTIELT S, ¥ F OWeilfitk Wp L L. Lr = WpxSUs(R)
T F OFPT Langlands EZ &R T, 612, ®(G) 2 G D L-parameter DIF
BEEOEEL TS, ZOLE, K e ®(G) KNLT, ¢g:= 9|, : Lg —
GL,(C) i% GL,(E) @ L-parameter iZ% 5%, 727X L. nld G=U(V,,) D&
X¥2G=UW)DLE3ITHb, ZDLEER

®(G) > ¢ —> ¢r € P(GL,(FE))

BHEHTHBZ I EBRENS,
G =U(V,) PDEAZBRS,

T 2.1 (5]). () TrU(Vin) 25 B(U(Vin)) ~DEHTHET 74 /5—51
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ERTHEHLDDBELET S, H>T. & ¢ € &(U(Von)) KHLT, ¢

DM 11, BERBIEELE S, Iy Z ¢ D L-packet 1>,
(i) % L-packet I, DIREEIX 2 I TH 5,

(iii) L-packet 1y DIREEDS 2 L 5 UNBTFHREIZ, BX DERSZZOD
izt py F o BH->T M| P —WE/F, (Z =1,2) & o= ®ps % i
¥y LThb,

(iv) L-packet I1, 23 (iii) DBFE. U(V,n) DR 2 D DBRIFFAERBL (11, po)*

BH->T Oy = {r(p, pe)*} %%, & SIZZDoDRBIIEES
REHAWTRD L IKEXFIEN3S,

Tr7(p, )" (42, 7)) — Tr 7, p2)™ (82, 2))

= @5y anye (L) o) DX D

£

—o(2)[’
I t(z,2') = ( = zo(2') € U(Van), (2,7 € EX,22' € U(1))

THY, x,x & 1 =X, 2 = x(X 00) RWIT EX DEIWTH 5.
%7 ME/F,¢) 1% Langlands D \RFTH 5,

TZTHEEELT, BEH21(v)D x, X BSATHEEL., I, DATOER
X x,x DEY HFITEKEEL R\,

LT, G=UW) DBREE2EZS, £33 UW) OFEREICOWT
BwiYT, B % UW) OALEZAfT516 7% % Borel Bf#E & 5, EX/F*
DRI 5 DO ny,m KN LT, FHEHBE Indy" m Ry, DERISR
& w(n,m)t @w(n,m)” &% 5B, 7L, W—DH % generic W BKIRS
Z m(m,me)t £ 95,



8 2.2 ([7). () ImUW) 225 d(UW)) ~DEHTET7 7 A N—0F
BThHBODBEET S, fE>T. & ¢ D(UW)) LT, 2D
BTdH D L-packet Iy IZERFTLEL LS,

(i) & L-packet I, DIREIZ 1,2,4 DENDTH 5,

(iii) L-parameter ¢ H5 E*/F* DRIz 3 _DDIEE n1,m2 T g = mOmdm
2wl T4 51, Oy = {n(m,n)*} %5,

(iv) L-packet Il, DIREDS 4 L R 57D DRBEZFRBE EX/F* ORZ
ZZ0DBE n,ne, s BB T dpp=m@pdn LBRDIETHS,
& 512 Rogawski[7] i UW) DL TP L-packet 1, D NEREED R
PHREBEEREAVCER T, L2 LSBRERRZABRS7DIT, Gelbart-
Rogawski-Soudry[2] I & > TE X S NW@ATT—% Y 7 b ZFV>7c L-packet
Iy, DWEPBED ARG EZFTAT 5,

¥ $'%& L-parameter ¢ I LT, Iy 2 Ly D 3 REB ¢p OWIER

L LCEND BX/F* OEBOBEET 5, DD,

11y := {n C ¢ character | n|px = 1}
?% %o
T 2.3 ([2]). & 7 €4,nell, XL T, local pairing %

iy = 4L Gutawn(m) £ 0,
’ =1 Oy wn(m) #0

EDEDS, TDEEID local pairing i well-defined TH Y, & m,n’ € I,
XL <,

(m)y={(n)=nr=n
Wil T, DF Y local pairing i Iy ZFERT 5, & 5122 D local pairing
13 Rogawski B5-Z 7 b D L AEWIZ—HT 5,

3 FHER

X TRERRICOVTIHIET 3, §2 TRNL U(V,,) PERFARE 7=
(1, p2)s, (€ = £) Z—2HD, UW) ~DRBT—=F Y 7t Oyyuwn(r) 2
T T3, TDEE, ZD w D L-parameter & local pairing Z KD 7\, T
UK LTI £ 3 Gelbart-Rogawski-Soudry DSETHER [2] 23H B DT, Zih
Z2WTHRR K 9,
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EE 3.1 ([2).
() DL p 2 p,ue EREZRIE, m#0.
(i) dL n#£0%5iE, melly, KL ¢p = punu;’ © pnus* & 1.
HOoTIDERPOHER p=p1, o DEED 7w DIEHBIELE 740D
& ¥ D local pairing DEFHEZITZLIER >,
FRRIZOWVTGRRS, FFTWE p# i, ue T35, ZOLELD () D5
T = Oy, wo(T(H1, H2)gn) # O
Ek%, 5T w D L-parameter ¢ 13 g = pnprt @ pnuyt & n 2T,
L7ed3o T Iy = {n,unui "t unus '} L5,
EE 3.2 ([3]). ™ D local pairing IFRD & H ICFHEI NS,

(n,m) =—1,
{punpy* m) = —¢,
(unpz*,m) = .
RIZ p=p DHAZIABRS,
EE 3.3 (3). 7 BRD &Ik B,

- Irmpe)” e=+,
0 €= —.

2T a(n,nuipy)” 1 §2 TR K I I Indg(w)(n R (nupts*)u) OHE—
DD non-generic BRI TREATH 5,

b= pp DFEE 7(p1, o) = T(pa, 1) ZHVBI LT, p=p O
BRIRETE S,

CDEMMIZIDOLRDBEBLILVBTES, T W, %2 (E) 6 IZ&D
ERIND 1 RLOELNI— P EELTZ, COLE W, B W OHTE
MLahEs, 2O L5 UW) & UW,) i Witt tower 2489, ZDLE
& U(Von) x U(W) D Weil BB wy, s wo D Jacquet module ZFHHET %
LT U(Wl) 5 U(V:m,) ’\0)}%_’%7——9 y7 bt aw’VaI"'“WI'I @?ﬂiﬁ%ﬁ%éo

%34(3). 7 % EXDEBECTy|px =1 2WkT LT3, ZDOLE

i (™Y n#
O vis, wp () = { 0 n =1

t%2 3,
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4 oH

R34 TNTEE LDV 7 1 DF a7 ARPICHT 3B T—% Y
7 iR TE S, ¥TEHEERERT S,

D% F tonnkt s, ¥ F D"XIEKTH2 ED D ~OHE
OiAHE—DEELTEL, TR DDODENEZ L 255, ZL T vp,trp
DO/ VL, BEREFL—RET 3,

RICL=FVEL2EBREL L), £ D LD 1 RTHOIN I — P REBLE
IV E—MER Vo, Wp 2ZNTNRDE HIRKERT 5,

VDZ(D7(:))7 WD:(D’<’))7
(’Ul,'v2) = L('U]_)'UQ, (wl,wQ) = ’wlfb(’wg).

CDEE, Vp EWp DY YBEBRD LI ICERIND,

U(Vp) :={h € D*|¢(h)h =1},
U(Wp) := {g € D* | géulg) = £}
ZDLE,
U(Vp) =Kervp D U(Wp) = KerNg/r

LB, TITHECE U(Vp)x U(Wp) T 27 AR7TikEwH, ZHhic
9B Weil £BZ Kudla[4] 2S5 BET S Z LW TES I LICERLTEL,

RIZ Vp & Vo DEHRICOWTHRRS, D IZMETTESE LD T trp(g) =
0,6 =—¢¢ kb ¢ eDPHFETS, oT

D=F@F{dF'®F¢¢
=Eo®fE

Eb, ZOLEIGIL? =dy L BBEIHITE REBIEDPTES, Vp
% E ED2RTGHOINI - EEEEZ B ERDFEVPROND,

WE41. ()i:Vpo2z+west(w,2) € Ve i3 E LIV I — FEHD
HHEERTH 5,
(i) s D SBONZMEREE [: U(Vp) » U(V,,) LB, 20L&

I:U(Vp) 3 z+&ww— ( o(z) w ) € U(Van)

doo(w) =z

ZHSERBTH D, ZOBIE SUV,,) L% 5,
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COFIEL D U(Vp) X SU(V,,) LRA—HTES, I5ICZDEE U(Vp)
DWIBETH 5 UWp) 1 SU(Vyp) “NRD & 9 IHODAENS:

U(Wp) 37— ( 7 ., ) € SU(Vap).
Kudla[4] i))éﬁi % U(VD) X U(WD) @ Weil iﬁ% Wap, Vp,Wp k% (o %
)T B ERDMEPRONSD,

ﬁ% 4.2 ([3]) (1) M % E* @E%VC‘\ ,U,|Fx sz/F %?ﬁf:j—{)@bj—éo %
DL E U(Vp) x UWp)-TiEEE LT

c‘.‘.tﬁ%o fC']’SL\ Z 2Tk U(WD) = U(Wl) k;}&LT‘ﬁ%o
(i) TBICHR 34 L HRDODAB 2T 3,
—1)+

Wiy, Vp,Wp = @ T(l" #n IU(VD) Nu-

nelrr EX JFX n#1

CDEREDPS g, # 1 DEE Oy, wp, () = 7(1, ) o) 2050 BE
>TCH & 7(p, un ) o) ZEER T UL XV, Z D729 Labesse-Langlands
&3 U(Vp) DEEREFARB DGR Z BT,

EE 4.3 ([6]). A # E* DERJET A # oo ZWTEL, p(\) % L-
parameter Indwg A ZRD DX OBNEFAERRL TS, ZDLE, U(Vp) D
D @%ﬁ'ﬂ%’]‘ﬁ%ﬁ TD(/\)+, TD(A)_ BHoT
o(Nluwpy = AT S 7D(N)”
BEROME, ROEEERXVHINS:
Terp (M) (7) = Te (M)~ (7)

-1 Ay) — Ayt
= AN(E/F,¢¥)wg/r (7 7) ) _fZ/z)’ (y € U(Wp)).
¢ =7

£ID TD(A):‘: i AIU(WD) &k by&i %5, % LT TD()\)+ = TD(A)— &%
54[2\%_"%%{4:51 >‘2|U(WD) =1TdH53,

COEBOBBERL 7(u, un V)t P THEHESAZHK IS LT
7(p, ) o) DEEBRTE. RD U(Vp) x U(Wp) DREFAT—F Y7+ D
ahr/ons,
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EE 4.4 ([3]). N & E* OEET N\ uwp) = ZWT LTS, ZDLE

TD(A"I)+ n # ]]-a

E%,

AT

B L EARREOBR 2 5L T B> EFEAOHEF —LE. REAA
BAEACOLIDEHHL BT,
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