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Abstract

AFETIX, 2022 £ 1 A2 RIMS IZBWT{TH 7z 7 Analytic and arith-
metic aspects of automorphic representations” DFE DFFEHICE 3 2 E %
BARZ. AT DIZ, Sp,(R) D large discrete series @ generalized Whittaker
function DIERZ ORI E R D 2 FIEICOWTIENZ=DS | A G
ADIEHIZOWTIRNS . ZDHIT, large discrete series % £ T % A
KOELIEHD Levi 57 12Bi 2 KB % generalized Whittaker function 23
Wil 22252 %, &i&I2, large discrete series % /£ 3 % Eisenstein
series % infinitesimal character 231571T regular G EICT R TRIET 5.

1 Introduction

FRIERDIZLIE, Hecke 51T & 2 —ZRRRIERIT 3 205805 Siegel 51T &
L2 BRI ROEA, EFNT X 5 L-value 1B 2 /el 5, Langlands
WCEBRIGRE Db R EE U TALKELIATONTER. ZDRNPTDH, IE
AR R O HEMEIE R B EE T 5. lifting NOIGH R EHE 4 LWIGH b 41
s, RERGRO NI T 2 BRD—D e W o TE WA 5. fillo T, iEH
DA RIERGRIC BN T, AR —fGmIZH 5 Tn 2 b DD, BRI R
FERD 7 — U TR EIHRINCEITHE T 2 2 W o ORI S E D ITONTI R
Motz Z T, RIS, JFIEARARTER E LT, Maass form T3 <,
REGHINTHEEDORWS D2 AL, 2051 T 2RO HERE NI 2D D%
175, BAK2Z, Spy, EoRAETEXOHT large discrete series representation
PEBTHHDEEZS. Z LT, large discrete series representation % 4253
ZEMEADOEBIHE LTHD 5 % D% generalized (degenerate) Whittaker
function 2@ U THIZEL, 2D &5 RAUEAOMEREH L ED 5.

AR D Y — 7 METRIER OO E L R TidR 5 AREINCHE VT DA degree
n ORAERE LB 6, LOBEKE LTEZX 5. Sp,y,(Z) [ZBF % degree n
weight k @Y — 7 WREITEA 2K % ]V[,En), cusp form &A% S,E,n) el n>r
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2rs. fes LT, Bz ) %
EM(z2,[) = S i GE)Y), ze

YE Pn,r (Z)\SP2, (Z)

XDEHKTS. T, Py, 1E Levi ¥ GL,,—, x Sp,,. £ 722 standard parabolic
subgroup & L,

21 22
Z* - Z37 <t Z3> E fj’na 23 E ﬁ'r

YLTWE. O E B (2 ) & k> n+r+1 THSIEHL, weight k degree
n OY— IR R 52 5. B = (B (2, f), f € ST)e £ BL. XD FE
ROPAMFEDFEHD Y — #/I/{%’* G REELITDH

Theorem 1.1. k XD k>n+r+1 DL %,
M =@Per.
r=0

zzT, B = 5.

Rz, AL EEEDO—E 2R 5. Sp,(R) D discrete series representation
(=8 {()\17)\2) € 72 | A > /\2} \ ({)\1 “ Ao = 0} U{/\l = j:)\Q}) IO RFTX =%
fFohsd. ZhsD55, {(A, ) € Z2 | A > Ay > 0 IS T 20N
holomorphic discrete series representation T®H D, {(A1,A2) € Z2 | 0 > =g >
=1} WXGT % S DA anti-holomorphic discrete series representation & 7%
5. ZDIEDPDDH DM large discrete series representation TH 5. fHH D=
A€ {()\1,/\2) € Lo X ZLicg | A > —/\2} BT 2bDDAEZS. THE
type II & IHEN 5. N KIS T % discrete series representation % Dy ¥ 2»
. ¥7,Df | & + THIET % 5D SLy(R) ED weight k @ holomorphic
discrete series representation, — IZNJG3 % b DAY anti-holomorphic discrete
series representation £ 2>< . GLy(R) D5 b [AERIC Harish-Chandra parameter
ZHWT D1 DX 512EL. T 51 Harish-Chandra parameter 12D\ TR
AW ND X WE N2 FERS [HN23] 21& SLy & GLy OBEICH ST
NBZEIHE. L) & Spy(Ag) LORMEIT, (spa(R), U(2))-module & LT
Dy BAEMT 2B 35, K{FshTWS LT,

Ly = @ Ly (m,r)

(M,7)

& LT cuspidal data (M, 7) 202 3 fEBFET 5. bW cuspidal data 12
o T AR D ZE M D 73 % #H U7z, cuspidal data 1%, M 2% Levi subgroup
T, 71& M(Ag) FD A3 THBHZEER cuspidal automorphic representation @
FRETHD, Z0 5 % Weyl BHICEIT % twist THEl-o72dDTHS. FEFIC
HEWZIBR B &, cuspidal data (M,7) ZH2>RUERE, (M, 1) ok S5
Eisenstein series @ Taylor {23k 5 RUE X 2KIZI2 5 (cf. [Frad8]). Z 2T,
RD X5 L MEHR ARG HNS:



Question 1.2. o Ly vy #0DEE, (M,7) 2.

o Ly #0DEE, Ly (m,- & Bisenstein series D leading term HS+D
b DTN B .

LR LT, AWFETIX, XA 29 sufficiently regular 723 SERIRE 1T
7=. %72, nearly holomorphic modular forms &Jﬁ“éhﬂ@iﬁu & [Hor22,
Hor23] 22, 1 EEE LT, AFKZE U T cusp form 2N T 5 1HHZ Db D
FETWARW. HL ET, non square integrable R ARARIERICEH L TW3 &
HZATXW., P = MN % Sp, ® parabolic subgroup &3 %. M(Ag) LD
irreducible square integrable automorphic representation 7 {Z¥f LT, IndSID4
%, P(Q)N(Ag)\Spy(Ag) LDERX ¢ THoT, BTD ke K wrﬂxc
m = m=PPo(mk) B T KR T2DRRE LTEDS. TIT, 7 DERBIZEH
¥ LT, L3 (M(Ag)) D T-isotypic component Z& D, K SR D Spa(Ag) D
maximal compact subgroup ¥ 3 %. LIROARMAD FEMTH 5. flHiHDD
M = GLy D¥EDAMBNS. G=Sp, £ T 5.

Theorem 1.3. LFLDFSD NT, P % Siegel parabolic subgroup, M = GLy
Z P D Levi component €3 %. T = ®Q,7y & M(Ag) D irreducible cuspidal
automorphic representation TH Y, A3 FHHY 3 5. D% b, {diag(a,a™?) |
aeRI} CGLy(R) EHMH. o &, IRAHILT %

1 Lympmy 70 DEE, RFEM 7 13 GL2(R) D weight A; + A2 +1 X

A — Ao+ 1 D discrete series representation.

2. Teo :D)\1+)\2 @Z%, P iR o 7= ERUEIE

~ G(Qy 1—A2
E/\,(M,ﬂ) = <® Indpé(%@ ( ‘()\ A )/2 ®7T >> ®'D)\

v< o0
ZHETS.

3. Moo = Dxj—x, ETB. M+ >1 Tk )\1+)\2 =1 ThHoT
lim, 19 L(s,m,std")L(2s,wr) < 00 ¥ 725 & &, P 1o 7 EHOHIE

L (Mm) = <® Ind%% ( |()\1+)\2)/2 ® )) © D

V<00
ZHETS.
FEHAD /11, generalized (degenerate) Whittaker function %38 U T#]D
TR EHPOEBITIDBEITHRICEENS Z 2T, #7413 Eisenstein
series TH5. %ﬁ%@a‘zé‘ﬁ@%ﬁﬂiiﬁﬁ@IEEMM“ LRHERW. Pyt Ry

HHFRIKNIIFEETHS. LU, By DEEIE LI CHORRICH 5544
&J‘Eél?"%)%J@?b’”‘bgmh\xﬁtktﬁofbiO'CL\Z).

2 Notation
DT, i 5 DEAZRITS
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2.1 Basic notation

Q ZATHIA, A % Q D adéle B, Agn, 2R adéle Bi$%. A LD non-
trivial additive character 1 = ®,10, & Voo(z) = exp(2my/—12) & ¢p(z) =
exp(—2my/—1y) KDEFT . 2T, p FFE y 1T U p"ZDILTar—ye€
Ly 7% HD. TRTOMYAAELRIUL normalized & §%.

2.2 Symplectic groups

degree 2 @ symplectc group % G = Sp, £2>< . G 1F--2D maximal parabolic
subgroup OB E£FH, £ DIED D parabolic ¥ LT minimal parabolic sub-
group Py = MyNy % $-D. maximal parabolic subgroup # P; = M;N; &
Ps = MgNg £7»<. Pg % Siegel parabolic subgroup £ 35%. D% D Ps D
Levi subgroup & GLo. YUR, Py, Py, Ps OfiE %R W

Py ICOWTHEHET 3. P;y=Mj;Ny BRO XS 1cEKEINS:

1 0 Uy U2 1 Uug 0 0
0 1|uy 0 0 1] 0 0
Ny = nluo,u1,u2) = | —5—5 12 0 0 0] 1 0
0 0‘ 0 1 0 0 ‘—uo 1
(@]
a b a b
MJ— Oz71 aEGm, <C d)ESLQ
c d

Ny & center 2% Z; = {n(0,u1,0) | vy € R} &7%% Heisenberg group T
H5.
KT Ps BB T 5. Ps = MgNs 3RO XSRS N%:

Ns = { ns(ug,ur,uz) =

Mq:{(A LAI)AEGLQ

Z ZT, Ng & abelian TH 5.
KR Py 2Bk T 5. Py = MoNy 3 RD X 51275 %:

10w us L ow| 0 0
0 1|uy u 0 1 0 0
NO = n(u07u17u27u3) = 00 ]_2 03 0 0 1 0
0 0‘ 0 1 0 0 ‘—“O !

My I AT, G D parabolic subgroup P 78 standard ¥ 1%, P 28 Py &
ZtRWno.

standard parabolic subgroup P IZ¥f LT, Ap & P @ split component &
T5%. D% D, P D center ® maximal split torus. A % Ap(R) @ identity



component ¥ B <. Lie group D Lie algebra # L3 % fraktur TEHL. F/z,
real Lie algebra ORI L7zdDELG R C ZHWTET. 2Dk %, Cartan
involution & D

gc=tcOpc=tcDpy Dp-
ERT %,
G(R) @ Cartan involution % g tg~' X DEDH 5. ZOEEHIREE Ka

HLIRHIC K 22, EMp LT K, # Spy(Z,) 5 5. Ki =[], K,
LRT.

3 Generalized Whittaker functions of large dis-
crete series representations

AHiTlX, large discrete series representation @ generalized Whittaker function
DHRIETRIC OV Tk S 5.

3.1 Classification of discrete series representations of G(R)
E<HIBNTWVS X512, G(R) D discerte series representation X5 &

{()\17)\2) € 7? | A1 > Ao, AL Ao #0} EDRIGX=RfJIFhTWnW5b. ZE 2R
DEICTHRT %

Er={(\1,22) € Z24 | A1 > Ao},
Zrr={(A,A2) €Zoo X Zep | M1 > =2},
Errr ={(M,A2) €Zso X Zicg | M1 < —A2},
Siv ={(M1,\2) €Z%4 | A\ > Ao}

=, IZRET % discrete series representation % type * EFERZ 12T 5. large
discrete series representation (& type I, III IZ¥IE3 5. A € 2 WXL T, A I
SIS T % discrete series representation % Dy & <.

3.2 Minimal K-types of large discrete series representa-
tions

Koo OEFIFRBIRRE K t2<. 202 %, K 12 “norm” 25EE D, 24OV
T minimal 72 Dy KNS K-type WEZE 5. 4% minimal K-type £\ 9.
EAKM121E, minimal K-type @ highest weight (XD R CFIETE 5.

e (A1, \2) € E; D& &, minimal K-type @ highest weight 1% (A1 +2, A2 +1).

( )

(A1, A\2) € Zr7 D& E, minimal K-type @ highest weight (X (A1 4+ 1, A2).
(M, A2) € Eqrp D& E, minimal K-type @ highest weight (& (A1, A2 — 1).
( )

o (A1, \2) € Zyy D& &, minimal K-type @ highest weight (& (A1 —2, \a—1).
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minimal K-type ® highest weight # A ¥72< &, D) iIZ#HN 5 K-type D highest
weight 1%
A+ Z Na N € Z>0

aEA

EFB. ZIZT, AN EANDET S E, BED S positive root system. I D
highest weight D & D §3.4 12 % X 51C Dirac-Schmidt operator 25 E F D,
S HWEM TR TR e TE S,

3.3 Generalized (degenerate) Whittaker functions of large
discrete series representations

A€ ZEREETS. N % G ODIEED unipotent subgroup & L, vy % N(R)
@ unitary character &5 %. O (N(R)\G(R)) %, G(R) LML C-
function f OHTREZ T D DEKE T 5:

f(ng) =9¥n(n)f(9), g€ GR),neNR).

Dy @ O, (N(R)\G(R)) ~OFH, DF D Homez) (Dy, CX, (N(R)\G(R))) D
Jt% generalized (degenerate) Whittaker functional &\ 5. %7z, BI%(ZEM
Ox (N(R)\G(R)) ~DBEDILE generalized (degenerate) Whittaker function
eV, —RIC Homgry(Da, O (N(R)\G(R))) DATTIE 1 LUIF L3R S0,
N 7% maximal unipotent T ¥y 2% non-degenerate @ & F Whittaker functional
YWS. 2Dk &, Hom-space DXITIE 1 LU, T I TEZBZREMED DI,
Dy @ O (N(R)\G(R)) WHBLI LB, BRI D & 5 ZRBEIBDEBIN S 0% &
522 Thsd. FARREAZ T ZR>TOWTIDHED OISR I L EERT
5 Z 23D, —(EZAT o T R CRIB DI T CICEE T 5. kX
Z1Z, nearly holomorphic modular form @ ERRRRICE T, ARERNIEEL
L7z (LU & DEHR) SR EBN, SIS 280 X OMDOER B E L Is
% ([Shi00, §13]). Z# 5% Eisenstein series & pullback formula B3 % & %%
il U, AT scalar valued holomorphic Siegel modular forms @ standard L
function @ critical values @ algebraicity % dlEBH L 7.

Dy D C (N(R)\G(R)) ~NDEBUTBIN BB Z TN THET 2205
CAFBEMNCHE L W28, minimal K-type SBT3 b DEFAET 5. 2771,
minimal K-type UAVZEHHE T 2 Z 2 12EWE, #EEAIRAEADEEZICH ZH -
72212, BBAAFIET S, 17 & Dy D minimal K-type @ isotypic component
3 %. Hom DyL% 75 ICHIRT 5 2 ¥ 12 & D, Homg (a, C, (N(R)\G(R)))
285 veETA W LT, Z20HB% w, £EL. w, % split component FIZHlBR
L, Z DB ORI 2 M 7l U TR 5.

3.4 Generalized degenerate Whittaker functions and dif-
ferential equations

P =MN % G @ parabolic subgroup & L, ¥y Z N(R) @ unitary character
3%, Dy D Cx (NR)\G(R)) NDOJBEE Z S, Why, ZHRBL, O%D
Homg(R)(D)”Cva (N(R)\G(R))) @ﬁt L, ZD TA J\ODﬂiUFE% thN’A Xﬁ’( .
UV E TA 0:5(4‘1_/, Wy = thm/\(v) D pc DIERZELT 5.



A R pc D e LOBEIDR%EE X, Z D highest weight u D 7 ® pc NDHE
DiAB%E 1, £D L. Dy D K-type DOfiE v, ZHBLT, HHFHES V 237
fEL, Vw, =0 2723 . V % Dirac-Schmidt operator £ \95. ¥ {IZ, w, & A¥
RIS 2 Z 8T, AR LOBBOMD HEASE NS, BRI TR
NFEMEI2 DT Z 2 TR, 72, A 23 far from the walls 72 51F, ¥ <1
A€ EpUZrr % 51E, [Yam90] & D, Why,, o OB Z N &M TR DR
M7sfETH 5. KETEZD K S BMITEADBITOVTIEBRT, KHEITE
HF. G, DF D global i E W T generalized Whittaker function
DIHRNICE D & 5 BIEKHAN 2T T 202 R0 5B12, oMo iERD
fRE e DL 21T S .

4 Generalized Whittaker functions of automor-
phic forms

AREITIE, generalized Whittaker function ORI Y Z DRI X GHADILHIC
DWTERT 5.

4.1 Constant terms of automorphic forms

P =MN % G @ parabolic subgroup £ 35%. G EORAIEA o I L T,

or(g) = / o(ng) dn
N(Q)\N(A)

CEDD. ke KITMLT, M(A) LoBIEE popr & ¢pr(m) = ¢p(mk) EiE
#35. p D cuspidal data 1 ppp AT 2 M(A) EORITEADMH % #
ETHE Vo TEW.

fiiiiD/28, P = Py DYER BT 5. ZOL X, op), @ Whittaker B,
FSRIC Py £ degenerate character 12B83 % Whittaker BIE 4 k BEIL C
M(A) ITHIBR L7722 EZTXW. ¢ D cuspidal support 25 (Mg, ) ¥ 7% 254,
7 @ Whittaker B2 F X1Z degenerate character @ Whittaker BI%(Z Db D
TH%. miF GLe(A) LD cuspidal automorphic representation D728, 7 IZJ&
35 RMERIEZ D Whittaker BAEOM I D XN 2. 242 £ degenerate
Whittaker BIE( DR ZEE T 2D —D2OTH5. bBbAHA, P=P;, P D
58 B [AEREIC degenerate Whittaker function # &2 % Z R EL 72 5.

4.2 Explicit formulas of degenerate Whittaker functions
for large discrete series representations

Py ® unipotent subgroup Ny 2% LT, No(R) D character 1cy.c,) &

P(co,eq) (110,11, M2, 13)) = exp(2mv/—1 (cong + c3n3))

WWEDEDD. AIFHOFIREID, cg = c3 =02 Py WCHT2EBIEHICHG L,
co#0,c3 =0 2% Pg IZBIT BERCEY ZD Levi #i77® Whittaker BIEIIRIES
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5. Py OEEEARTIE DRV, [Hir0l] @ Jacobi BEZ AWz ER2S, IO
degenerate Whittaker function OBH/RI & [AHED I EIZ K725, Dy @ minimal
K-type (1o, Vo) DIIK {uo, ..., uq, } ZIHYNTHS. {ug,...,u} } % dual basis
&3 %. 7p ICET % Whittaker function (% dual space Vi IZHEZHLS & L T&
. HREMBIE W, (y) Z RO TR E 3 5:

d2
gVt (g ) Was =0

W,..(y) % confluent hypergeometric function ¥\ 5. & & LT, Fadtinsg
A DMZEMNZ 2 KITIEH, FIEMIRRI =T TH . T HIZBIT 5 large
discrete sereis representation @ degenerate Whittaker BIBUIIA R TR I N5

Theorem 4.1 (Ishii-Narita). ¢g # 0, ¢c3 =0 &3 5. Dy & A € E;1 U= g
WIS % large discrete series representation £5 %. Dy D ey ey BT 2

degenerate Whittaker function & 3% pi(g)ur £ RT. T OBBIZ moderate
grouwth ¥ RE3 5.

1. \N€Z &35, 14 WAL L7\ B0 Co & 4 iﬁﬁﬁbf, g&i|Ag° 8

dp+2

apt2 ay
a
+ ClﬁiaflJ’laSQH exp <_27T|00a_;)
5. 2T, sgn(cy) & cg DTFETHD, g >0 DL &

0 0<i<A -1
ai:{ el )7 Bi = iy (0<i<dy)

o M <i<dy)

VG%D,CO<O®Z%

—a— (0<i<-A
o = {(AQl)! E X = 2) s Bi=0i0 (0<i<dy).
2 <

2. N€Zrr &5 5. g0i|A?% 1x

dp+2

ai
ngn(co) (i_dT/\) A tA, ;\2+1 <47T|CO a_2>

— — ay
+ C1Biar M rag M exp (27r|co|—)
az

Coa;(aras)

BB T L, o >0 DL E

LD << — -
o= { Targn (0P ho) . Bi= (=104, (0<i<dy)
0 (—Ax+1<i<dn)



VG%D,CO<O®Z%

(1) ; _
oy = g A=) (O<i<hy) o Bi=(=1)"i0 (0 <i <dy).
0 (A1 +1<i<dy)

RDFRIZ, 13 A Y DG % Ishii-Narita 12 X DEFFHEX Lz, EEDMMT- 7=
DIFAHRED I REHI U2 2 2 E .

Theorem 4.2 (Horinaga-Ishii-Narita). BIEHE[FCEL5DH L, ¢ =c3 =0
95,

1. XEZ; 35, :@t%, P I X BIWER Cy, C1, Cy, C3,Cy DIFTE
L ¢ilage &

Cofo,i(ao) + Ci fi,:(ao) + Cafai(ao) + Csf3(ag) + Cafai(ao)

—E
2-A
2 (1=0)
fo,i(ag) = {0 0<i<dy)’
e —1)i/2¢8 7 gd2 T (11 even)
1i(ao) (i 1% odd) ’
0 (i 1% even)
f2,i(a0) = {( (i 1% odd) ’
o) —dat2) al\l“a;/‘?*l (i is even 222 0 <4 < ()
ERAC 0 (otherwise) 7

d1\+2)% 1\1+1a5A2+1 (7 & odd 20 0< i< f’)

fa,i(a0) = {0 (otherwise)

LB, TTT, £ = dy 320 — 10,0 = da + (1 - 8)(2hs — 1) 2 L,
0€{0,1} iZ dy =6 mod2 THY, («); 1& Pochhammer symbol.

2. >\ € EIII 2‘3_\’:) 35%) 2 L:ﬁ?i’?biﬁb‘ﬁﬁ( 00701,02,03,04705 ﬁiﬁ?’fb
T, @i'Ag" &

Cofo,i(ao) + Ci fi1,:(ao) + Cafai(ao) + Csf3(ag) + Cuafai(ao)
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fO (ao) _ a?+A1a5A2 (7/ — dA)
' 0 (0<i<dy)’
i '(ao) _ (_1)i/2al—A2+1a2—A1+1 (Z oY even)
' 0 (i & odd) ’
_ )0 (7 & even)
f2,z(a0) - {(1)121a1A2+1a2A1+1 (Z X Odd) 5
f3.i(ag) = 2i/2(_d§+2)z‘/2af/\2+1a91+1 (i is even D 0 < i <)
' 0 (otherwise) ’

i 2%(%)Qaf/‘2+la§“+l (7 is odd and 0 <1 < ¢
fai(ag) = 2

0 (otherwise)

F, 0=da+8(202—1),0 =dpa+(1-06)(2A2—1) THH, s {0,1} &
(a); FZEEEEF L.

5 Main result

degenerate Whittaker function OH/RADEIHE (Theorem 4.1, Theorem 4.2) %
BUT, X305, ftiHZ B o ol % &, Whittaker BB DR &
SLy(R) ®° GL2(R) @ discrete series representation @ Whittaker function % Lt
BRL—HF 2 Z %l %. Z LT Whittaker model D —E M2 niud v,

Lemma 5.1. Theorem 4.1 N®D Whittaker function ws € {{(wg,v) |v e Vp} %
5. Ws & ws BAEKT 5 (sl2(R),0(2))-module. ZDE ZF, We 1& Da,ya,—1P
Day—1 D (sla(R), O(2))-submodule £ 75 5.

Lemma 5.2. Biffii & FERIC Py ICBH3 % Whittaker function wy %= ¥ % . £l
BEGRCZIR. Wy &2 wy DERT S (L£5,50(2))-module £55. ZOEE, W,
EXEE, DX || 2KDY o [MT2XDT D submodule (resp. X € By
D& |- |TP2RDy of MPERDI, D submodule).

ERCHHREN, k€ Ko W LT, ppy 2% Mp(R) FARS 2 REZIZIHUE L T
WE. L LRSS, TRTTIERWV. X DEEICE, Mp O AY Lo
K LTMEERTA20E2EDTNE. ZDD, MpNK ED5AZFEVWERS
WEHSIDPLEFLWERGREL 725, ZHUd K FORBE LTDLSZEWER
THRWVL, [Mui09] DFFRD X 5 7% generalized principal series representation
DHEANZ W5 Z e THHMTE 5. litklie LT, U T4 %:

Theorem 5.3. LFtDFd 5D NT, P % Siegel parabolic subgroup, M = GLg
Z P D Levi component €3 %. T = ®Q,7y & M(Ag) D irreducible cuspidal
automorphic representation TH Y, A3 FHHY 3 5. DF b, {diag(a,a ) |
aceRI} CGLy(R) EHMH. e &, IRAHMILT %
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L Ly(mpr) 70 DEE, FRERN 1o 13 GL2(R) D weight Ay + X2 +1 X

X A1 — Ao+ 1 D discrete series representation.

2. 7TOO—'D)\1+)\2 @t% P 6~_ oﬁ.%i&lﬁ&i

Lxmm) = <® Ind ), ( |- [P n)) © Dy

V<00

3. Moo = ,D/\1*)\2 ETA5. M+ A >1 FRE AN +X =1 THoT
lim,_,1 /o L(s,m,stdY)L(2s,w,) < 00 £725 & &, P IZih o 7= EH0HIE

Ly (M) = <® Indgs(%v ( ()‘1+’\2)/2 @ )) ® Dy

ZAET 5.

P = Pg % P = Py DEHEEGR X ESHE TSNV, RIRIWL D0 DEE
PR B .

Remark 5.4. o HWEERAIGRIEA E Dbt 217 5. BLEAIRER B W,
P = Pg 1T cuspidal support % & DIREGEUIFEE LRV, 24U, IERIR
BITEDY Siegel Eisenstein series ¥ Klingen Eisensteisn series & cusp form
IDAEREINBZ e LIZIEAEFETHD. TDXDIZ, Py DEFEGHELET S Z
CIRIFRIGRER oK ERENE WZ B, Py 2 S5 L 72 Eisenstesins
seris 225 L-values OEGHMTER EEGERINCIEARZR Z 2 255 2 2 AlREMEIE
H5. ZDOHIDIELEIMAR LI EBDNIS.

o & limg /0 L(s,m,std”)L(2s,wr) < 00 ICDWTHBNS. D5
B OFEMFIHEARNTEXDEEc b RNS. FlZIX, —ZD Ey 1
lim, ;9 L(s,m,std" ) L(2s, wr) < 0o ITHF B ZFDHOL LW 2 & HSJEA
T Ey DT 3 SLQ(A) FORBEBEREC S, By BERIERIE IR
LRVDIXE X ZOREMEKRTH 5. BRI, By OEKT % adéle B
DRINIE X DA TRERN R & BB M I —ETH 5 X5 7R
BRI 2%, 20 X5 2o —aaoEIRAETH b,
L-values (ZK &2 Lilk% Wh U7z, limg_yq 0 L(s, m,std”)L(2s,wy) < 00 &
W o 7SS D N T2 T MR TE A DS BRI IR C»WEE‘IH%%AEE W
ATWB ERDLNEHAE XL bhroTniw. %72, F £ Q DIFAIFID X
3 IRGMFIIRETL V. 2 U, BEERIREE D513 Siegel-Weil formula
MOMERD B B TE S, SED large discrete series representation M
BECESRBEZPAHATHS.
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