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ST ENEELW:

(i) ZDFHEEE ORI FS N DML LKL S 5.
(i) ZOFERIZE > THONIAAHZMONTE D, FIEARTHS.

ZFDFEEEZZD ETROBEVPEHTH S :

o Kb B NAED S  IZEARZEMAEEZEM G/H L At 5,
o TDHAEIX G A% (Definition 1.9) TH 5.

T ZOME (i), (i) 272 TFEE LT [TYL8] 2B W THBH# 2 AW TSEEZM Lo amz ik 5 Fik
ZRE U7z (Method 1.1). ARiTI, ZOFELZOMEIZOWTEEDH D, 720, EROAFIII 212X
LIV, FHUSRSERICIRRLUZHRXESHINAE V., 72, REOHITIE, AL UTEEER
EORA R RITT 572012, EEEE EDORT VA VK (Example 2.6) (2x19 2 S FHT 5 1 1
EHIRIIZIRRT 5.

1.2 1REFE (G/H-method) & ZDME

G 2 ERERDARED ) —#, H % G OMEAH L35, 20 L EFEM X = G/H IFBRIZERRIROME
ERb, G OFBEZEMEWEN D, X 2EAZEME ALY, X EIZIZIEL M G RLRE (Definition 1.10)
PIFIET 5 L {RET 5.

Method 1.1 ([TY18], G/H-method). G/H-method {¥IRD DD A0S X LD {peloco % HER
TOFETHS.

(i) ARUGEEES p: G — GL(V),
(i) H RZERZ Py e V.

ETRORY MVEMEEZS.
Wo(G, H) :={7: G — R | 73 ERIEHR Tr|y =0 27z g }

ZOZEMIEEME g = 025 X EOEGRHABEKROESOMAESGLARES. RIZX Lo XD
X G AERE v e R(X) 2 D2FEETS. ZITRX) B X EOS FUAlELEAOESZET. &
0:=(6,7) e VYO WG, H) T, X LOHEE jy 2UUT & D ICHELT 5.

dpg(z) := exp(—(&, z - vo) + 7(x))dv ().
22T, VVIRV OBXERERL, () VY XV EORT YV IERT. 52205 DORIE py ZIRD
LD IZERET S -
O := {6: (&,7) e VY & Wo(G, H) ‘ / dpe < oo},
X
= dn <o),
X
poi=cy o (0 €O).
ﬁ%& bf, X L@ﬁﬁ*/ﬁﬂfg@ﬁip = {pg}gE@ éf‘gré

Wo(G,H) = {0} DL X 0 % VY OIHES L ALY S,



Remark 1.2. 13517250 4iifk P IIAN G RERE v OO HITERS 2. FEBE, o X EoF L aiEx G
REEJLEE v/ 1L, ROFHEDS c € Rog & 7€ Wo(G, H) T d'(z) = ce™Pdu(x) 7253 DNHNS.

Fact 1.3 (See [TY21a, Corollary 4.27] for example). G/H EIZIZIEX 0N G REJEIFIET 5 LAKNE
U, ZO—2%MD vy B, ZOLEG/H LKLY o G RERELEOESIFIRTEASNS.

{ce"vy | c € Rso, 7 € W(G, H)}.

Theorem 1.4 ([TY21la, Theorem 3.2]). G/H-method ZH\WTHESN=AMMEIF X ED G AERBILS
HIETH 5.

EHDARIE G :=R* xR, H:=RX &L T G/H-method ZFAWVTHEKT I LN TEE. ZOLEL
LTI, TEHAMEAT =) YT e B L > TEAR L0 £ ERAHGTHE I L E2ERLTY
52 LITHYT 5.

W X kD G AERBILEIE G/ H-method TIROEKTHKTE 5 :

Theorem 1.5 ([TY2la, Theorem 3,7)). P & X L® G RERPAGEE L, (1, V,T) % P DHR/NKIG
FEHETE. OCVY 2T A-REMET S, IOITRERET .

(i) G/H EIZ3I Lot G REREIMFIET 5.
(i) @ X VY OBEATH 5.

ZD & Pid G/H-method THROND HAEBOESHE L TEBTE 3.

1.3 HF&E

ZOHITI, AFMTHW A aOE#HREZELHTHL.

X %Mk L, R(X)%2 X EOS RVHllESKOHEEL TS,
Definition 1.6 ([BN70, §5], {i8I k). HERMED? SR HAHEE P C R(X) »° X EOEHESH
BTHB LI, RO 4EMETEZT=ZD8 (0, V,T) BFALTEI %NS,

(i
(i) V IZERXTERY bVERTH B,

)
)
(iii) T: X - V I35 HTH 5,
(iv) EEDpe PIZHL, &5 0c VY IMFEL TRHE D LD,

dp(x) = 5" exp(—(0, T(2)))dp().

1€ R(X),

ZZTeh= [y exp(—(0,T(2)))du(z) THY, cg FERCEREIFENS. 0L & =28 (1, V,T) 24
B P ORBEIER. EHOF TV OWEPHRE /NI WV DR FIVRTER & IE.5.

Remark 1.7. et O FH CIX=2M (u, V,T) KRB (representation) LRI LWL WA, Z 2 TIEHFD
KEE KT B72DITFEHEIERZ LI2T 5.

[BN70] TIIEHIL S A EOBERIE w2/ & /JHIEHRDO A7 T) TEEINT WD, AT, MMz
MEEGEERDO N T T) TERS.

UF, G2V, HEZTOMHEOMEL X =G/H % G OFEZEME 5.
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Definition 1.8. R(X) ~® ()G fEFHZ LN TEHT 5.

GXR(X) = R(X), (g:1) = g+ p,

(9-1)(B):=pulg™'B) (B e B(X)).
ZIZTBX) X EORVVESHEL2ERT. SVBRANE, g - pldEB g X - X, 2 gz 12X 25 p Off
LHLUHIETH 5.
Definition 1.9 (G £%). BREE P C R(X) B GARETHD e, TEDge G & pe PITHL,
g-pEPMHEIILDILEWVS.

Definition 1.10 (FH%] G REHE). HE p € R(X) AN G RETH 5 & 1d, EMHEBEK x: G — R T
WDE DD DVFETDEIEE NS ¢

2 BAhlEZ DB

1 (g€ G,z e X).

AREIT, JEKHWSNTWSBHEL G/H-method THETE 5 Z L2 MNML, TOWL DNEFEEIZ

Method 1.1 IZEDOWTHIEK T 5.

21 BoNnBDHmEDH

V-G HEGDREV, HREXRZ MLy 2RDESITERZ & T G/H-method 12 & o TIRDORKRIZ
HE/MHEEMET B LN TES. TNETNFH LV AEIZOWTIR [TYL8] 28I hiwnw. Z7EL,
— WA T A AEEIZDOWTI [TY19, §3] 2314,

# 1 G/H-method TSN BDAHEDHIE AT (G, H,V,v0)

VaRici/ s FEARZER] G H % o
NV R —4 (+1} (+1} 1) Ragn 1
AT AN {1,---,n} S, Sn_1 w w
EH R R* x R RX Sym(2,R) o
EZ SN R™ GL(n,R) x R" | GL(n,R) | Sym(n+1,R) | Eni1n4+1
A< Reo Rso 1} R, 1
WA~ R-g R-g {1} R_; 1
AL A T A Rso Rso 1 R, &R_, L(er + e2)
ERG A v~ Rog xR Rog x R {(1,0)} R* e3+ ey
T4y —F Sym™(n,R) GL(n,R) O(n) Sym(n, R) I,
TAVI—¥R St SO(2) {I,} R2 e1
TAVI—EA-Tav v — sl SO(n) SO(n —1) R™ er
T4y ¥y ——YUH A gn-1 SO(n) SO(n—1) | R"® Sym(n,R) | e; @ Eyy
NARKEA N H" SO0y(1,n) SO(n) R+ €o
RTvHL H SL(2,R) 50(2) Sym(2,R) I

ZITW = {(z1, -

,a:n) eRrR” | Z?:l T = 0}7 w = (7(77 - 1)7 1,

1) ew.




ROEITIZLA T D 4 DORAEIRAEERZ G/ H-method THKTE 222 %275,

(i) R EOEBS AN,

(ii) R EDH > 2 AR,

(iil) BRfEi S" P LD T A VI —EA-T 1 v ¥ ¥ =N,
LESEE DR T v LK.

- L 2 Z

(iv
IRD Fact 2.1 131 %M T BB Wo (G, H) 2T T 272DIZHW SN 5.

Fact 2.1 ([TY21la, Proposition 4.28]). G Z#fEHRAARMED ) —# L L, H % G DML T 5. g, h
EENTNG HOV—REEETE. ZOLE, ROEEOVTNIDIE D TR SIE, Wo(G, H) = {0}
TH5.

(i) g=b+Ig, 9],
(i) Gika w87k,
(iii) G IEHHE.

22 R _EDERDHHEDEN

Example 2.2 (ESA2K). G:=R*xR, H:=R*CG&BE, X :=G/H %2 GOEFEEAEMLTS. A
BRIRIGERDL p: G — GL(Sym(2,R)) X CTED 5.

o(g)S = (g 11;) s t(g 117) (g = (a,b) € R* x R, § € Sym(2, R)).

0 0
vo 1= (0 1) € Sym(2,R) B & vy ld H AZERTZ ML THYH, ZD p,vy WL, G/H-method % i H

T3¢ R EQEBISHER

1 ( (x —p)? > }
exp | — dx (1)
{ Voro? 202 (o,11) ER 0 X R

MEohsd. BIF, EBIZ G/H-method Z#HT 5. X FROAKMAZBLU TR EA—-FHINhd I LItER
35.

X =R, gH—b (9=(ab)€q).

Fact 2.1 (i) &0 Wo(G, H) = {0} £7%5. BF® Sym(2,R) EOMREIZ &> T Sym(2,R)Y % Sym(2,R) &
A5 5.

(x,y) := trace(zy) (z,y € Sym(2,R)). (2)

01 0o

X EOF XM G AEREE LTVR—=FHIE de 285, ZOLE 0= (9 )
2 03

T, X EOWE p RO LSITEES.
dpe = exp(— trace(0p(x)vg)dz

o (e (1 2) (5 7)) e

= exp(—(012° + 2622 + 03))dx.
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ZDLENTA -2 O LIEHSLER LRI L DIRTEZ SN D,

62{9: (91 92) € Sym(2,R) ’ /df)9<00}
Oy O3 R
= {# € Sym(2,R) | 6; > 0},

- ™ 9% — 9193
Cp = 0 exp o .

WoT, X LOWMRHE pg HIRTEA 5N 5.

2
dpe(z) = c; " dpo(r) = \/geXp (91 (x+ %) ) dz (0 €0O).

BEED, RDOESIZR EOMRAEDHEIE SN,

2
P—{\/glcxp<91 <r+@) >dw} .
s 91
(01,02)ER>o xR

FOITNTR—ROEM = —F, 0 = A= &7 TETERPMHEOHHS W (1) #1350 5.

23 Rog LDHYIDMIEDHER

Example 2.3 (H ¥ ~¥#34ilFE). G := Rag, H := {1}, X = G/H = Ryg £ B<. BFRWGLERD
p: G — GL(L,R) 2IRTED 5:
plx) =z (z€Rso).

vo:=1€ERIEHARERZ MVTHYH, TD p,ug WL, G/H-method 2T 2 & R EDH VI3l

1 /ax\k _sodx

{F(k) (5) “ T

PESENG. LT, EBC G/H-method ZEHT 5. 7€ Wo(G, H) DM & » Wo(G, H) = {7: Ry >

z Blogzr e R|BER} ~RebNrs. BHEHLR EONBICEID R 2R EA-HT2. X

LOFLOHN G AEREELT L 2WME. 22T, dold X LOLVR—FWEEZRT. ZOL &
0= (a,8) €R x Wo(G, H) 2L, X EOWE jp RXTER SIS :

3)

}(kﬂ)eR>o><R>o

dx d
dpe(z) = exp(—ax + Slog a:)—T = exp(fowc)xﬁ—x
T x

IO SEEFEICE D AT A -2 O L EHEEBIZRD L S Izkpons.

9:{9:(a,ﬁ)€RxR‘ / dﬁg<oo}
Rso
:R>0XR>07

r
co = / dpy = (—g)-
R>o a

o T, X LOWERRE py FIRTHEAOND.

1 o’ dx
dpo(x) = cy'dpe = ) exp(faa:)xﬂ? (6 €0).

MEIZED, RO ESIZ Ry LODEIEIES NI,

B
P= {a_ exp(faz)xﬁd—w} .
F(B) T (a,B)ER>0XR>0o

Eol, AFIA—2OEWa=1 8=k EF> L THYIPEEDRL HS NI (3) BESNB.

6



24 HE S EDIAVI—ER-T 14 v v —DTEDOHEK

Example 2.4 (74 VY I—¥RA-T7 1 v ¥ ¥ —74ilE). G:=SO(n), H:=S0(n-1) &L, X:=G/H % G
DREEM LT B, 772U, HIX GO “BaDF CERINTWE LT 5. G&G/H — S, gH v ge,
2D X &n— 1 mERE 2R~ 5. p: G— GL(n,R) ZHARBLTS. vg:=e; eR" B L vy
& H RERZ bVTHY, TDpvg KL, G/H-method 2BHT 2L S* ! LOT7xvI—¥A-T1 v
>y — Al

L t,
{ o 15 e ™ 9‘”)“} 8

oerr

PEENG. TIT ek, S EOHBET [y, dv = BL AEETEOTHY, Lu(r) B m K
ARy vV ERT -

1 27

I,,(r) cos(mx)e"“*%dx (m € Z,r € R).

"2 o

PR, BRI G/H-method 2T 5. G = SO(n) 3222 FTH25»5 Fact 2.1 (i) » 5
Wo(G,H) = {0} TH3. MHENRERSEZEICED (RYY 2 R tA—#75. X LoFYOf G
REMEL LT S EO—HRIE do T [o,, do = 255 L h260%MB. ZOLE IR THL, X
LORE py BIXTEZONS.

dpe(r) = exp(—"0x)dx

X =8 ayv Ry hThENSATA—RER O 1XR THY, EHALE cp 1 [BNBESY, Example
8.3 L VRTHEZ S5,

co = (2m) % |10)' =% Iz (Jl6I)-
BAEIZE D pp 2 IEHULT BT, 74V I—¥RA-T 1 v ¥y =0l (4) BMESN 5.

Remark 2.5. BHEI7EE LT [CWI5] A% D, 2827 MEOI=R Y REEIWTHREZ L O3 V87 b
GEZER LORBBIIN AR AR S 5 FiEB KO, EBIT 2 KOGERE L CRAHTE £ BIEN @R T 5 A
EOWREREI N, ReOEHh 51, [CWI5] 12 & 2 AHIRMKFEIX, G/H-method IZBWT G %38
7 MR- G A L ABE L. KB, GAAVAY METHBH L E, Fact 2.1 &0 Wo(G, H) = {0} TH
D, VAT MNEOEEOEREIIT =X VLARETH 720, [CWI15] THF S 13 2 4lki: G/ H-method
X THRRTE 5.

25 LE¥FEEEDRT7 VAL DHEHEOER

Example 2.6 (K7 ¥4 LAlK). G = SL(2,R), H:=S012) &L, X :=G/H % G DEEEML 5.
R H I, GO 1 RSRERI X AR HEAT S, ZOEHREBIITHORT v ALHEEREDSZ L
PHISNT VWS, ZDL¥icH OEEHHBIE H 20, FEFEEIROMSIZED X LA—HTE2,

H— X,
z=z+iy <\{)§ @) H.
N
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G OEBWRTEEEE p: G — GL(Sym(2,R)) 2 CEHT 5.
plg)v = gv'g (g9 € G,v e Sym(2,R)).

vo := I € Sym(2,R) i& H REXRZ MLTHY, TD p, v i G/H-method #WMHT 5 & EYFH H Lo
UFRORT VA LAGERES NS,

De?P a(z?® + y?) + 2bx + ¢\ dxdy
{ ——exp (— ; ) 7 } o b . (5)
E © b e €Sym™*(2,R)

22T, D=+Vac—0b? Sym"(2,R) :={S € Sym(2,R) | S IXiLfti } TH5.
AR, ZEBZ G/H-method 2#M 9 5. SL(2,R) &HMTH 255, Fact 2.1 (iii) & » Wo(G, H) = {0}
L%, (2) LHEBRIZ Sym(2,R) 2R E ANS Z & T Sym(2,R)Y % Sym(2,R) LR—#d 5. X DY

b

BN G REE L LT 20 2105, Z0LE )= (Z > € Sym(2,R) IKH LT, X LB fp 137KD
C

LIOTEES.

o () = exp(~ trace(6p(2)12)) f“;fﬁ”

a\ tf g &
(e ) )0 2))) 2
¢ Vi vy Y
( a(x2+y2)+2(m+c) dxdy
=exp | —

y Y
ZD & [TY21b, Lemma 4] (2 & D /85 A — 2 & EHULEBIZTIRD L S ITkd 5N 5.

(z=zxz+iyeH)

0= {9 € Sym(2,R) ‘ / dpp < oo}
H
= Sym™(2,R),

. b
Cgf./Hdpgfﬁ (660)

ZITD = Vac 1 BEED fy 2 EAULT BT 2T, LPE EOEEIAGEE (5) AR S hix.

3 R7VALDHHROKZRERSHIE

HA T A (Definition 3.1) 2RO AT U TIEANRA AT 2 MBICET T2 TESE (Rq
ZHERIZ DWW TR [RS61] 2RSS N7z\). UL LED S —BICIZIEHATHERIITIET 5 L 1XR S
B, — AT, BEEAHERIIN L TRW O TH A HEFOMERPIFEL, Thd £E88SMmHEE 55 2
EPFHISNT WS (Fact 3.3). ZOHITIERT v L3l (Example 2.6) DR HFT D E — D IERLE
BETED THRWIZEIRT 5 (Fact 3.4).

31 EREDHHROLEZEMNDAIE

ARETCIIEBFMOMEDOEEE G X, [DYT9] 1 & 2 RBI A4 12569 2 IAL F71 40 A ek v & A3
5.

Definition 3.1 ([RS61], £&HETDMEK). X 2LHAKE L, P = {py(z)du(z)}sco C R(X) & X LD
BFRE T3, X528 A— R 0 b ERATH B LITEL, Q= {q.(0)dA(0)}eec C R(O) &/ A /t—

8



NIRA—REWECLTH0 LONRET S, Z0LE QM PITHE (HDWVWIE P OHEHEMAIHEK) T
HBLIF, FEOVYTNT—Rage X LpdpeP ce CITHLT, 3 ¢ € CH—EIFELT,
P9(70)q.(0) 7 g (0) & © EOBEKE LTIEDAH S —F2BRVT KT EI L2V, ZDOLE g (0)dN\(0)
EEHBSME VD,

Remark 3.2. & HRTHMHEOBERIZ well-defined THB. FEEE, PIZHITD p DD HFiTKsmw, —
AT, Gaoni PIzwl, TOREHEGISMHKRIE—ETERV. EE, QIZBI5 X DM HITKFES 5.

FEBORI D AT N U TR D &S IR HA AR AT 2 Z 8T E 5.

Fact 3.3 ([DY79]). X 2%k, P % X LOEAIRIEREAAE (“TH” OFEFILHIZ1E [BNT8a, §8.1] %
BI) LU, (11, V,T) & P OBNIGEER LT 5. (tv) ERog x VTATAPTA R30S O LOBIEL £,
ZIRCTEHRT 5:

fr0(0) := exp(—=(0,0) — tp(0)).

ZZT () :=logcy THB. © LOWPE N € R(O) 2 —2HY, MHHEEC\ CRsox V ZIRTEHT 5.
Cy = {(t,v) ERso x V ‘ / FrwdA < oo}.
€]
X520y THRIARTARING O EOMRIE g, AT TEDS.

dgu,o(0) := ¢ f1.0(0)dA(0),

/ fovdh () € Cy).
€]

Ctu -

IDEE, Q= {gu}lpneco, & O LOEBHMAKETHY, P OREHANGIRE 2B, GrohizF—
R oxg € X IZTHL, FBRDHDNAN=NTA=XITRD LS ITEHRINS:

(t,v) = (t+ 1,0+ T(x0))- (6)

32 RT7 VAL DHHROKEEMDHIE

ARHITIE Fact 3.3 12 & 2 G FUHMIEOMBREERT VAV AN U CHEHT I itk >TH
SN fEE RN BETRAT 5. FLVERICOWTIE [TY21b] 22 S hi-\». 550707
Sym™T(2,R) ED 4 RIG/NT A — R EFEOBIMNMGIRE 5. 2T 1 ¥y — MRS K< %E L
TWAHBERRZHEDTHD. L LS, LHITLDKRERSIRT/NT A — R 2R DRI D B4 1
& UTHEBITE % (Proposition 3.7).

Fact 3.4 ([TY21b, Theorem 1]). {X® © := Sym™ (2, R) EDBAMRIEHE T > 7 L 434 [ D A& F T 53 A

ThH5.
e\ dadbde b
{cm} (T) exp(—(aa + 28b + vc)) 9,2 }( - ((Z C)E@). (7)
tv)e

e
ZZTr:=+vVac—"50%, v= (6’

B) € Symt(2,R) CV THB. NA/X—=F5 A —R%EMC & EHLEK
Y
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Cry RIKTHR SNB,

C = {(t (gﬁ 5)) € Rso x Sym*(2,R) ‘ t < D}7
I(¢)

v it 1Dp(D — )
ZIZITD:=+ay—p2Ths.

Remark 3.5 ([TY21b, Remark 7]). 5Z 5N7/=T— & xp+iyg € HITH L, NA =T A — X DEHIL
(6) &0, UFDEIIZEZSNS.

C =G, (t(a 5))H<t+1,<q 5)+i(ng+y§ xO))
B v B v Yo Zo 1

Remark 3.6. Fact 3.4 TH X =04 f1% Sym™ (2, R) ED 4 KIE/8T A — X 2R DR ATRIRTH 5.
—%, Symt(2,R) LOBLRAHERELTY « ¥ v — MAHEHEAD S, Thd 4WRIET X — R & fEOH,
Fact 3.4 CHAZDMHEL IZRLRY, —Ha2MADMARE ARSI LIF TSRV, LrLeds, LHIT8
TD5WTNRT A =R %FHED Sym™ (2, R) LOBBUNHKIZEENS.

Proposition 3.7. ¥XiX Sym™(2,R) E® SL(2,R) x Rug FEEMUNGRTH Y, TOWAHEE LT (7)
4Ty — MR E ST,

{D(t 42Dy
(k)

. dadbdc
e trf exp(—(aa + 23b + 7)) ace a b € Sym™ (2, R) (8)
2r? (K,t,v)eC b e

ZZTou= (Z ﬁ),D:_ Vdetv = \Jay— 8%, r:i=+Vac— b2 THH, NI A-RZEM CIZIRTHER S
Y
n3.
C = {(k,t,v) € Rsg x R x Sym™*(2,R) | t +2D > 0}.

KB, G := SL(2,R)xRsq, H := SO(2) £ LT [TY21b, Lemma 1] T5-Z 515 55% U T Sym™ (2, R)
% (SL(2,R) x Rs0)/SO(2) = (SL(2,R)/SO(2)) x Rsg ~ H x Reg LT 5.
WCEHRINDERRTERE p: G — GL(Sym(2,R) ®R) 2% % 3.

o((h,™)(S,a) == (r'R~1Sh,ra) ((h,7) € G,(S,a) € Sym(2,R) & R)

ZDEE vy = (Ir,1) 1Z HAERZ MLTHY p,vg 128 LT G/H-method Z#f$ % Z & T Sym™(2,R)
LEORAE (8) BFoND. /XTA—REMPERCEBDIIE L Fact 3.4 LHKIZTES.

NI A=RZBRNZBEWT t = =2k W HIRZIBINT 2 L BA6HR (7) PEBHTES. —H, t =02Vl
MEBIMTBEY 12 ¥ — M DHBEPEBTE .

SE Xk
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