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Cyclic relation for multiple zeta function
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1 Introduction

Euler-Zagier #1 % & ¥ — & BAEUXIR DI TREFHR I N5 L L HEFEREK
THhd,

1
C(Sl,...7sr) = Z 7?1317
1

- nsr
1<ni<--<ng T

Z DFBUTIR O THPEL S 5 Z e Ao TV D (9]
{(s1,--,8,) €EC" | R(sj+--+s)>r—j+1(1<j<r)}

IO AEHC ITAFEEICERIND Z A6 NT WS [1][13), EO#k
BOMENAHIPHL <ny<---<n Z2l1<n < ---<n IZEEHRZ-H
WaeHFEGNELEL— ZEBE D *(s1,...,8,) TRT,

¥ 7z Mordell-Tornheim 1 X 7))V ¥ — Z BEIIIR O TEHZ I N D,

o0

fMT(81,$2;53) = Z

m,n=1

1
meinsz(m + n)ss

Z DA

{(81,82,83) € C3 | %(81 + 53) > 1, %(52 + 83) > 1, %(81 + So + 83) > 2}

WHBWTHINR L, CHZHFRAIZERIND Z XM sNTWD,

INo DRI — v V¥ — REBDELEBANDIR & AIRd Z e T
T, MRIZZELY—XEBEEENDEDODNREHNRH L R>TVWE, Z
5 OB DORRMEIZ DO W TR R BE PR I L ARG N TE D,
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Theorem 1.1 (FIAZ; Granville [2], Zagier). k > r {7z 9 HRB k, r IZ
LT

> C(ky, . k) = C(R)
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C(s1)C(s2) = ((s1,82) + ((52,51) + ((s1 + 52)

ZNEHIDOHEHZ > EL DET D LIZE>THEONIERATH LM, Z
DARNFFHRMED A TIE R K EHEBOHPHTH D DN TH D, TDEHIZ
FEFRAE D FiPH % B 2 TR D DB R DM 5 D D725 5 A 7 - [7]
IZ& % &, Buler-Zagier #1% 8 ¥ — X BB O R R E DR O BRI H 5 A1
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Tl Euler-Zagier BUZIRE LR WEGHIXE D 07 2D & EITIFHEFEDHiIPH
TH D SLOBRADVERET 5 Z Lo N T WD, HilAIE [11] Tld Mordell-
Tornheim B X 7N — 2K L ) —< v ¥ — X EHOMDORD X > 7%
ANGFEHI N T WS,

CMT(L S 3) — C]WT(L 3, S) + C]\4T(37 S 1) = 4((8 + 4) — ZC(Q)C(S + 2)
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FRTOBEBA L UTKEHARE WS b DD 5, FEE —XEDKFHFIA
Al Hoffman-KEF [4, eq.(1)] IZ X DEEHEI N, ESNESLZEY - XEDOK
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ZEZENENDOKEFARXIIFEETH D Z LD ENT WD ([5, Section 4]
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={se€C" | R(sir;) > L, R(Siri—1) + R(8ir,) > 2,.. ., R(s51) + -+ + R(si0s) > 73,
(ri 1 %2723 i=1,...,d)
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Theorem 2.2 (FH-/NEFIK). s €e WIZH LT
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7 1: Number of Independent Relations for MZVs

Weight |3 45| 6] 7| 8| 9| 10| 11
KEFIAX | 124 6|12 18| 34| 581106
BR[| 12 (5]10]22 (44| 90| 181 | 363
KmEIBEMRA | 1|25 10]25 |52 110 | 228 | 466
2%/ | 136142960 | 123 | 249 | 503
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