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A#ER2POSETKHT I —FE

R A HEEIE B #® (Akira Koriyama)
RigKk HEHR E FLE (Mor”imasa Tsuchiya)

P= (P, £) % finite poset &3 3,
P ® order complex % A(P) &7 3%,

i.e. C(ag,a 5. -5 an ) M n-—simplex in A(P)
a;, <a;, <..<a, ® n-chainin P

P #% contractible  — polyhedron IA(P)I 78 contractible

ay an

i |AP) = a as

J7

P= ag 7
an da 3.3
WP IL contractible

KAJXUTZEXRSHFEHMNS contractible poset FF U W,

poset 2 homology DUBTAMBMT & %, 1 JORCHEMAR ;;oset &
contractible 72 poset T3H 3.
JMUZ&ETHBM polyhedron (or simplicial complex ) % face poset
ZBAUTHRT S EE, RLEFHEHEEIHITTS poset TH 3.
IWHLELEETH %, (See, Quillen, Brini, Bjorner)
Mz,

P, Q: posets, PXQ={(p, a)| peP, qeqQ}

(p,)4(p, ,q,) iff p<p, and g<q,

T3

Homic (PXQ, £) X posetTH 3, ZDE&E, ROEEHHKY LD,
-1 —
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£ H. 7c¢PxQ: Yelosed (i.e. pcd€Z ) HeZ) subset& T 3.
VoeP,%eq wHULT
Zp = {qeQl (p, a)€& Z}
Zo = {peP| (p, a) €Z}
B contractible

=

PX>~Q : same homotopy type

XT, 5xohk poset 5 contractible »ESHAEF B30, PEULL
> @~ SR Bl 2 &, dunce hat DAL M»>EINSE, RO KL D7 face poset

| it contractible »?
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Quillen ti [QU I] llﬁ‘ﬂ‘f, ?k@&ﬁﬁﬂﬁ:’?iﬁbf:o
Def. poset P » C —contractible
axoeP, order-pres. map f :P—>P s. t.
(1) f (x4 ) =%,
(2) x<f (x) 2x, (forall xeP) .

ZOEAS D contractible KRB 2HD+RRBRR>TVEIER, RO
&353R UTh» 3,

Lemma. f, g : P-—>P order-prs. map s. t.
f (x) g¢g (x) (for all xe P)
Ifl >~ |gl : homotopic ,
zzT Ifl ,lg :laP)— |o(P) uf, g
o EREINAEERETER

e
o
-3

poset P #» C —contractible
| 1;] = €x, : homotopic
, where |1, (A CP) — |ACP) : identity map

€xo :IA(P)]QXOGIA(P)I . const. map
IRHhHB, P contractible

M2 C —contractibility W+ 2R{UTH20, EHAEIPS>AB L, ThE
FORTORBETIERL,. Bl 2L, KB NXE dunce hat HEE S Mz poset
B C —contractible HESPEZXTHhIT LV, 2T, &AW, C—cont
ractible L E{ER, d2EFBOOTLORUBRRDTAHAR.

Def. P : poset, P CP: Vsubset
x ¢ P M weakly comparable with P’

—

ayeP’ s. t. X & .y & comparable
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Def. P #8 weakly C —contractible
<E‘:x?eP, order-pres. map f : P—>P s. t.
(1) %o W minimal element
(2) f (xo0 ) =X,
(3) xo £f (x) (forall xeP)
(4) xgf (x) (for all x €P which are weakly compafable with
P(x, ) ={yeP| xe £¥v} )

E . P 25 E»572% poset &F 3%, D3I >R HE
FHETH %o
(A) axo e P, weak C —contraction f : P—>P at x,
s. t. f (x) =x (for all maximal elements x of P)
(B) axo € P so that P & weakly C —contractible at xo , DD
P (X0 ) 3P ® maximal element %22Ta&D

(C) E\yo € P so that P & C —contractible at y,

(E#)

(A) = (B) = (C) & easy

(C) = (A)

Vo M (i) maximal element, (i i) minimal element, (i i i) EB3Td

BV, O3O0HFEIHTTEHBATHE LY (FiR)

Cor. ZE#E |A(P)| & contractible T3 38 posetP #C —contractible
TROGIBEET 3 '

ROEEZZ2H
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bill1)} posef Wi, P (xo ) B FTNXRNTD maximal element 2L KSR x, BF
ELURY, %> T, C—contractible TitRW,

NOTE. ZDHIE weakly C —contractible WKR->TWAIZ&EREE,
Ex. ROESIRXR=ZAESIURE dance hat @ face poset & not C —contrac

tible , but weakly C —contractible T3 3.
(dunce hat & F®D face poset LoV TWRHIRAZER)

The first barycentric subdivision K' of K.
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XUNTHIL —
(AL Dmain Th.)

AT, dual
P . poset
P:

&7 3

o

C —contractible

e

Y

weakly C —contractible

S

contractible

/‘{’? open problem

k

B ¥ 3L contractibility Lt OBEBEEDLULAERS,

dual poset (i.e. the poset with reversed ordering)

B & ;i

A (p)l

T |A(B)

—%, ROZEBHDM S,

P,

C (weakly

=

X C —contra. at xo= 2

X not

C —contra. .

CIk:|

C) —contractible

DO|SE dual BES3RETE.

Py
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REFES

P, & weakly C —contra. at x,= 3

P,

2 not weakly C —contra.
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